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1 sectionl

Definition 1. Fg &F X, integralLattice T# T, even unimodular 227 > 728 TH2HDDI &
Th.

Theorem 2. 22D Eg t&F Ay, A, ZFHTH 5.

Proof. sorry. O

Definition 3. Eg @ Cartan 17%1% M,, Zh %z 1 T3 O2TEALZFLTVWE (ZO@BEREDITHI%Z
My, My, My 5 5) EZfICLEb DR M, 55 :

2 0O -1 0 0 0 0 0
0 2 0 -1 0 0 0 0
-1 0 2 -1 0 0 0 0
0o -1 -1 2 -1 0 0 0
Mo = 0 0 0o -1 2 -1 0 01’
0 0 0 o -1 2 -1 0
0 0 0 0 o -1 2 -1
0 0 0 0 0 0o -1 2
2 0 -1 O 0 0 0 0
02 0 -1 0 0 0 0
0 0 32 -1 0 0 0 0
M. 00 0 5/6 -1 0 0 0
10 00 0 4/5 —1 0 0
0 0 0 0 0 3/4 -1 0
0 0 O 0 0 0 2/3 -1
0 0 O 0 0 0 0 1/2
Lemma 4. M; 3 F=ATH 3.
Proof. . O

Lemma 5. det M, =1 T» 3.

Proof. #8 4X D, M, OITFIRIIA KD 725 ORITH 555
det M, = 2-2-(3/2) - (5/6) - (4/5) - (3/4) - (2/3) - (1/2) = 1.



Theorem 6. Eg ® Cartan 17501753 1 TH 3.

Proof. fi 5& D

(kD 21751K) = det M, = det My = -+ = det M; = 1.
O
Definition 7. B % Eg @ Cartan 175 C(= M,) € Mg(Z) 5 E £ 2 WRER L 35 .
B(z,y) = "2Cy = (x,Cy)  (Va,y € Z®),
Lemma 8. FE®D z € Z8 1L, R ILD :
B(z,z) = 2(x3 + 23 + 23 + 23 + 22 + 22 + 2 + 22
— (@o@y + @123 + 9T + T3y + V45 + T + Te7))
Proof. NEEDEIC LT, ®EIZEKRINCEHE @
B(z,z) = (z,Cx) = (£3).
O
Lemma 9. FED x € Z8 1ML, FHERTI2LRDEIITHRS
2 2 ; 5 2
1 1
B(z,z) = (\@xo — \/;x2> + (\/ixl — \/gxg,) + (\/;xQ — 33:3)
2 2 2
5 6 4 5 3 4
+ 61'3— 3x4 + gl’4— ZI5 + ZLE5— gl'ﬁ
2
2 3 1,
+ g Tg — 5 e + 5 X7
Proof. ezl 8 RA L GGHREIT IR 5. O
Theorem 10. Vz,y,z € 7%, B(z +vy,2) = B(z,2) + B(y, 2).
Proof. 3tH 3 27217. O
Theorem 11. Vz,y € 78, B(z,y) = B(y, ).
Proof. tE 3 %7217, O
Theorem 12. Vz € 78, B(z,z) > 0.
Proof. #i 9& D, B(z,z) X /7O TERE 206D LD, O

Theorem 13. Vz € 78, B(z,z) =0 = z =0.

Proof. ffi 9KV, B(z,z) X FHOMTERE, =08 FT2LREN0THS. LoT, BREBEDHIITEHT
28, x; =0TH5%. LihoT, BE,S2HHDIHIITEHT L, 14, =0TdH2. Zhzi##hiEIL,
ryg==x,=0%155. O



Theorem 14. Vz € 78, 2| (z,z),.

Proof. fifE 8X D1ES.

Theorem 15. Fg %713 unimodular TH 5.

Proof. sorry.

Theorem 16. Eg M TFI3FFET 5.

Proof. sorry.

Theorem 17. Eg t&F AL, VneN, #{zr €A | B(z,z) = n} < c.
Proof. sorry.

Lemma 18. Eg#8F AIZXf L, #{z € A| B(z,z) = 2} = 240.

Proof. sorry.
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